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The purpose of this note is 
non-trivial intervals on a tree. 
to prove a counterpart of the Helly property for a family of 
Let S be a finite set and 3 = (& 1 i E I) be a family of subsets of S. 92 is said to 
satisfy the Helly property if Ri n Ri # f8 for all i, i E I implies that 
A family of closed intervals on the line and on a tree satisfy the Helly property 
Eli. 
Let us assume that all intervals are non-trivial that is they are _different from 
points. In this case, a family 9 of non-trivial intervals is said to satisfy the 
non-trivial Helly property if Ri r\ Ri is a non-trivial interval for all i, j E B implies 
that 
n Rj is a non-trivial interval. 
jtzZ 
A finite family 9 of non-trivial intervals on the line satisfies the non trivial 
Helly property and the family 9 = (Ri 1 i = 0, 1,2, . . .), where R0 = [O, 31 and 
Ri =[l- l/n, 21 (i = 1,2,. . .) shows that the property may not be true for c n 
infinite family of non-trivial intervals. 
b 
/ 
Fig. 1. 
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Let 9 consist of the following intervals R, = (a, c), I?2 = (c, b), R3 = (b, a) on 
the tree shown in Fig. I. Every two intervals in @ rrav:: a non-trivial interse& rl 
but there exists no common non-trivial interval for ah intervals in 9%. 
We now formulate and prove the main result of this note. 
ihervation. L,et 92 = (Ri 1 i E I) 6e a finite family of non-triuial irztervals on a tree. 
r,i every three itderunls Ri, Ri, Rk (i, j, k c: I) have a non-triuial intersection, then 
[7 iE, Ri is a non-trivial interud. 
Proof. We prove the theorem by induction on the number of 
that n,C K I?, = c), where 1KI = k < ir( is a non-trivial interval. 
intervals. Assume 
‘- /’ R,. , Rk-l 
If K+, has no non-trivial intersection with Q, then always 
be found which do not have a non-trivial intersection (see Fig. 
the assumption. Cl 
three intervals can 
2) what contradicts 
The observation has been applied to a problem concerning the intersection 
graphs of fundamental cycles of a graph over the set of edges of the graph, for 
details see [3]. 
Gyarfas and Lehel [2] Informed the author about a new parameter introduced 
for a family of subtrt=es of a tree which generalizes the result included in the 
observation. 
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